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Abstract

Data-driven parameterization schemes have gained much attention in the field of atmospheric science nowadays. We design an

ideal case using the Barotropic Vorticity Equation (BVE) model with periodic shear forcing and a deep learning (DL) model. The

trained BVE model can greatly improve its initial forecast lead time with the data-driven parameterization scheme. However,

the challenge is the significant amount of time required to employ the model, which is a hurdle for practical applications.

Thus, this research aims at enhancing the model’s efficiency while minimizing any negative impact on its performance. Here

we propose three methods, compressing the amount of model parameters (CNNhk), compressing the amount of training data

(SGM), and combining both of them (CFS). Through these three methods and utilizing the solver-in-the-loop (SOL) method,

we successfully reduce the model’s runtime while preserving its initial performance. By improving the effectiveness of our

model, we believe it can contribute to the development of more efficient data-driven parameterization schemes and inspire

further explorations.
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Key Points:

• Data-driven parameterization schemes using deep learning models are proved useful
but sometimes are still not efficient enough.

• We set up the case with a periodically perturbed model using barotropic vorticity
equation and a convolutional neural network as the parameterization scheme.

• Three new methods are proposed to refine the original CNN model for improving its
runtime while keeping its initial model capacity.
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Abstract
Data-driven parameterization schemes have gained much attention in the field of atmo-
spheric science nowadays. We design an ideal case using the Barotropic Vorticity Equation
(BVE) model with periodic shear forcing and a deep learning (DL) model. The trained BVE
model can greatly improve its initial forecast lead time with the data-driven parameteriza-
tion scheme. However, the challenge is the significant amount of time required to employ the
model, which is a hurdle for practical applications. Thus, this research aims at enhancing
the model’s efficiency while minimizing any negative impact on its performance. Here we
propose three methods, compressing the amount of model parameters (CNNhk), compress-
ing the amount of training data (SGM), and combining both of them (CFS). Through these
three methods and utilizing the solver-in-the-loop (SOL) method, we successfully reduce
the model’s runtime while preserving its initial performance. By improving the effectiveness
of our model, we believe it can contribute to the development of more efficient data-driven
parameterization schemes and inspire further explorations.

Plain Language Summary

There are many atmospheric motions with such tiny space scales that they cannot be re-
solved by the unified resolution used in numerical models, which are called subgrid-scale
(SGS) processes. SGS processes, such as turbulence, is important for improving weather
forecast ability. Instead of using traditional parameterization schemes, nowadays data-
driven schemes are explored. However, the problem is the huge computational time needed
for running complex DL models. So in this work, we first use the BVE model with periodic
SGS process generated to build up an ideal case, and design a data-driven parameterization
scheme with the initial DL model. Then we design three new methods for adjustments of the
initial DL model to reduce the computational time consumption. Moreover, while speeding
up DL models’ runtime, we maintain the initial model capacity by including more physical
information of BVE to the trained DL models. Through this work, we hope to contribute
to and motivate the explorations for data-driven parameterization schemes.

1 Introduction

Appropriately handling with the calculation of sub-grid scale (SGS) processes are critical to
enhance the ability of numerical weather forecast models. There are various complex phys-
ical processes with significantly different space scales to be calculated in a weather forecast
model, thus some tiny processes cannot be resolved by the unified resolution, which are also
called SGS processes. Despite their minuscule size and rapid evolution, SGS processes ex-
ert a substantial influence on weather forecast accuracy, weather patterns and even climate
dynamics (Müller & Scherer, 2005; Alapaty et al., 2012; Sherwood et al., 2014). Tradi-
tionally, parameterization schemes are applied to solve this problem in numerical weather
predictions (NWP). However, since SGS processes are usually nonlinear and hard to be de-
scribed by simple formulas, these traditional schemes which are based on assumptions can
add great uncertainties to the stability of numerical models and cause unpredictable biases
in calculations (Goger et al., 2016; Mantovani Júnior et al., 2023).

Data-driven models can serve as potent instruments in such circumstances. Firstly, they run
extraordinarily fast. Benefiting from the rapid advancement of computer hardware and soft-
ware, data-driven models, employing diverse neural networks (NN), possess the capability
to efficiently undergo training using vast datasets within shorter timeframes when compared
to conventional numerical models. PanGu (Bi et al., 2023), GraphCast (Lam et al., 2022)
and FengWu (Chen et al., 2023) are outstanding representatives of data-driven models for
medium-range global weather forecasting, showing promising prospects for the utilization
of deep learning in the field of atmospheric sciences. What’s more, data-driven models are
somehow able to learn physical patterns from partial differential equations (PDEs). Previous
work includes physics-informed neural networks (PINN) (Raissi et al., 2019), solver-in-the-
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loop (SOL) method (Um et al., 2020), and learning neural operators (NO), such as Deep-
ONet (Lu et al., 2021) and FNO (Kovachki et al., 2021). Among them, the SOL method
allows DL models to interact with physical constraints by integrate physical information into
the training process, which implies that these models can rely not solely on data itself but
also incorporate the fundamental principles of physics. Therefore, parameterization schemes
trained by data-driven models tend to get faster but still accurate simulation results, as ev-
idenced by the findings of Kochkov et al. (2021), where the numerical calculations for the
Kolmogorov flow are augmented with a DL model. Following the former work, Qu and Shi
(2023) also get the same results by using a convolutional neural network (CNN) to train an
idealized 2-D case with the barotropic vorticity equation (BVE), which is more similar to
the real atmosphere mode compared to the Kolmogorov flow.

However, though existed work using data-driven models has obtained obvious improvements
of extended forecast lead time, the time consumption for the trained model to be applied
for predictions is still not so satisfactory due to the huge number of parameters from deep
learning neural networks. This problem presents a major obstacle to the practical applica-
tion of data-driven parameterization schemes in real numerical weather forecast models in
the future, because parameterization schemes should play a small role in the overall weather
forecast model and should not significantly increase computational time. As a result, how
to realize effective compression of runtime consumption is a meaningful technical problem
to be handled.

Our work will focus on the solutions of enhancing the model’s efficiency while minimizing
any negative impact on its performance. We first set up the same ideal case from Qu and Shi
(2023) and downscale the initial data generated from the simulation to build up the dataset
with a long period. Then we test several new losses which can significantly extend forecast
lead time of our BVE model, one of which is used as a baseline for later comparisons. At
the final part, we propose three different methods to achieve our goal in this article. We
conclude our three methods to be classified as newly designing a more compact model, using
less training data and both utilizing a compact model as well as informative training data.

2 Experiment Design and Methods

2.1 Case Introduction and Data

Same as the case designed by Qu and Shi (2023), we use the barotropic vorticity equation to
describe the vorticity evolution of a two-dimensional flow, and activate periodic instability by
adding a shear forcing to the middle domain of the flow at regular intervals, which is around
every 10 time units. Figure 1a visualizes the vorticity evolution pattern and demonstrates
how the forecast errors occur due to SGS processes in our case. The domain is characterized
by large eddies for the majority of the time, but once the periodic shear forcing is added,
SGS processes like turbulence, which cannot be resolved by a large grid size, are generated.
Thus the LowRes simulation without a parameterization scheme to solve the SGS processes
performs obvious forecast biases within short running steps, but the CNN8 simulation with
a data-driven parameterization scheme can still get a satisfactory prediction result after the
same integral time.

Also, instead of relying on a traditional deep-learning model which directly describes its loss
function with the image-to-image error, we continuously utilize the SOL method proposed by
Um et al. (2020) with a JAX framework (Bradbury et al., 2018) to integrate the PDE solver
with deep learning neural networks and do automatic differentiation. This is due to two
main factors. Firstly, we observe subpar online test forecast results without the employment
of the SOL method, which demonstrate even poorer performance than the baseline (LowRes)
though there appears to be normal gradient descent for the loss function during the training
process. Moreover, the SOL method has another benefit that it allows extended forecast
lead time for the same model by using longer look-ahead-steps in training loops (Figure
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Figure 1. Snapshots of vorticity for the truth and the predictions running with a low resolution

(a), the averaged R2, RMSE and MSSIM curves for the initial CNN model with different look-ahead

time steps, where R is the correlation coefficient, MSSIM is the multi-scale structural similarity,

and the number following the name of the model in the legend represents the number of the applied

look-ahead-steps (b), and the architecture of the initial CNN model (c). For (a), the first two rows

are the truth run, separately with an initial resolution (Truth (256×256)) and a coarsened one

(Truth (64×64)), and the last two rows are the predictions running on the low resolution of 64×64

with the same initial condition from Truth (64×64), separately one without any parameterization

scheme (LowRes) and one with a data-driven parameterization scheme using the initial CNN model

with 8 look-ahead steps (CNN8).

1b), which provides a pragmatic solution for the seemingly unavoidable accuracy loss when
compressing the amount of model parameters or training data for less time consumption. As
a result, 8 look-ahead-steps will be used for the baseline, and the initial CNN model proposed
in the referenced paper (Figure 1c) will be the foundational architecture for modifications.
All the refined models will be trained with longer look-ahead-steps, for which 32 is chosen
in this work, and compared to the baseline both in the respect of forecast lead time and
calculation time consumption.

For the dataset, a long period of truth run with an initial resolution of 256×256 is generated
every time step with ∆t = 0.01. Then it is coarsen-grained into a resolution of 64×64 every
5 time steps, and ∆t = 0.05 will be used for every step of integration for all simulations on

–4–



manuscript submitted to Geophysical Research Letters

this coarse grid, which is to say every time unit includes 20 time integrals of simulations
running on the low resolution. This coarsened truth is used as the overall dataset for later
experiments, including pretraining and online testing. The first 50,000 time steps of the
overall dataset, equal to 2500 time units or 250 forcing cycles, are chosen for pretraining,
80% of which for training and 20% for validation. Then 54,000 ∼ 64,000 time steps of the
overall dataset are used for online testing. Specifically, the online testing is carried out for
5 samples every 100 time units and evaluated by the average of them to comprehensively
consider the model forecast ability for different time sets. Further considering forecast
ability biases among different initial vorticity patterns, ensembles are also generated. For
each sample, one every other time unit is selected as the initial condition for simulations.
Thus 50 ensembles are contained in one sample and each sample is calculated with the
average status of the 50 ensembles’ prediction results. More details about the former work,
such as the derivation for the governing equation of BVE model and the original design of
the CNN model, can be referred to from Qu and Shi (2023).

2.2 Loss Design

Except for the design of case and dataset, the optimization problem also plays a key role
in deep learning, especially when it is employed for physics-related tasks. Thus firstly some
useful modifications are made to the original loss function. Instead of directly using the
original loss:

Loriginal =
1

N

N∑
k

L(Mkxt0 ,xtk), (1)

it is improved to be a scaled one:

β = log10 L(Mkζt0 , ζtk)− log10 L(Mkψt0 , ψtk)

Lscaled =
1

N

N∑
k

(Lζk + 10βLψk
),

(2)

where N is the number of look-ahead-steps used for training and x is the tensor of the
general physical state consisting of ζ (vorticity) and ψ (stream function). M represents the
DL model and L is the mean square error (MSE) calculated in each look-ahead-step. L is
the final loss function which is the averaged accumulation of L. The design for the scaled
loss originates from the thought similar with that of PINNs. For PINNs, various differential
equation residuals with different weights are considered into the loss function to include
more physical information into the training process (Cuomo et al., 2022). Here a scaling
parameter β is applied to split the original L term, which generally represents the physical
state, and strengthen the impact of the stream function for the training trajectory because
significant difference in order of magnitude for Lζ and Lψ is observed, which can be around
104 ∼ 106.

Another interesting thing we find is that though periodic boundary conditions are applied
for paddings, the pretrained model still exhibits deficiencies in giving concise predictions at
boundaries of the domain, both in terms of locations and intensity. Thus another newly
designed loss is further tested based on the scaled loss:

f(y) = cos(
4π

63
y) + 2 (0 ≤ y ≤ 63)

Lcos = f(y)× Lscaled
(3)

where y is the count of rows in y direction, and the cos loss is calculated by adding a cos-
shaped amplification function to the scaled loss in y direction, which aims at driving DL
models to give more attention to the evolution of physical states at boundaries.
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Figure 2. Model structures for CNNhk (a), SGM (b), and CFS (c), where IR inputs are inputs

with the initial resolution, and LR inputs are inputs with a coarser resolution.

2.3 Methods for Model Efficiency Improvement

To enable less computational time for application, the basic idea is considered as either to
compress the model or to compress the data for computing. Based on this principal, three
kinds of methods are proposed and can be classified as using a more compact model, using
a model with smaller training data, and both using a more compact model with smaller
training data.

The newly-designed model which is more compact than the initial one is named CNNhk
(Figure 2a). Separable depthwise convolution with residual blocks are used in this model.
Such model structures have been employed for many tasks, such as Xception (Chollet, 2017),
a refined ResNet-26 (Guo et al., 2019) and RxNet (Shi, 2020). It has been proved in former
experiments that such model structures can effectively make a compact model without
obvious losses in the model capacity. Thus by using separable depthwise convolution with
residual blocks and fewer convolutional layers, the number of model parameters in CNNhk
is compressed and it is expected that the computational time can be evidently reduced
without much loss in the model forecast ability.

The second method which is named a split-grid method (SGM, Figure 2b) emulates from
the architecture of the weather research and forecast (WRF) model, where multiple nested
domains with different resolutions and extents are applied. Similarly in SGM, the original
input domain is split into two parts, one only containing the central part of the original do-
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Figure 3. Curves of averaged R2, RMSE and MSSIM over time for the initial CNN model with

different loss functions (a) and for the refined models (b), where R is the correlation coefficient and

MSSIM is the multi-scale structural similarity.

main where periodic shear forcing is most prominently activated with the initial resolution,
and the other covering the whole domain but with a coarser resolution. This designed struc-
ture allows less data used for training process and thus can effectively reduce the number
of model parameters. But meanwhile, keeping the resolution for the key area where SGS
processes are most generated can refine the model to retain the most important informa-
tion, thereby ensuring the sustained excellence of forecast quality, which indicates the DL
model with SGM can mitigate excessive information loss when the amount of input data is
reduced.

Inspired by SGM, the third method named a central-focus scheme (CFS, Figure 2c) is
further considered. This scheme only trains the central part of the initial domain and aims
to explore if it is practicable to solely train the physical states in the key area to compress
the input data as well as the number of DL model layers.

3 Results

Figure 3a shows the effectiveness of the newly designed loss functions. The averaged R2

with its value equal to 0.5 is set as the threshold, beyond which the predictions are regarded
as still robust. MSSIM results, which provide evaluation metrics for structural similarities
(Z. Wang et al., 2003), are also shown to corroborate with R2. It is evident that using the
same DL model, the scaled loss performs much better than the original one, and the cos loss
can extend extra valid forecast lead time of the scaled loss, with improvement around 10%,
25% and 30% compared to LowRes separately. Additionally, another loss function that only
calculates the accumulated errors of the stream function is also tested (not shown) and can
have a similar level of performance with the scaled one for the initial DL model. However,
when it is multiplied with the cos-shaped function or applied to the refined models, the
model capacity compared with the scaled loss can be unstable.
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Figure 4. Curves of averaged R2, RMSE and MSSIM over time for the AE model with different

look-ahead-steps, where R is the correlation coefficient and MSSIM is the multi-scale structural

similarity.

Simulation Forecast lead time Computational time DL time
Forecast lead time improvement

Total time saved Time ratio between DL
(total) Compared to LowRes Compared to CNN8(lossscaled) and dynamical core

LowRes 19.48 1.01 N / A N / A N / A N / A N / A

CNN8(lossscaled) 24.76 16.42 15.41 27.09 % N / A N / A 15.26

CNNhk32 25.80 6.65 5.64 32.42 % 4.20 % 59.52 % 5.58

CNN32(SGM) 25.86 11.22 10.21 32.73 % 4.44 % 31.66 % 10.12

CNN32(CFS) 25.57 7.69 6.68 31.22 % 3.25 % 53.15 % 6.62

Table 1. Forecast lead time and computational time consumption for different models.

Due to the outstanding and steady performance of the scaled loss function, it is chosen to
be applied for all refined models and CNN8(lossscaled) will be regarded as the baseline for
comparisons. All the experiments are carried out and compared using a 3090 ti GPU. Figure
3b shows the performance of all the refined models. CNNhk32 has a similar performance with
CNN32 applied with SGM, which is slightly better than CNN32 using CFS. Table 1 shows
the precise data of extended forecast lead time, the computational time, and comparative
analysis between the refined models and the baseline model. By applying 32 look-ahead-
steps for the refined models, on one hand, they can all attain the same and even a little
bit higher level of model forecast performance compared with the initial model with 8
look-ahead-steps, which effectively extends the forecast lead time to around 30% than the
LowRes simulation. And on the other hand, all the refined models can significantly reduce
computational time cost, from around 30% to 60%, and the ratio of time cost between DL
inference and dynamical core can be reduced from around 15 to 5.58. That is to say, by
training with longer look-ahead-steps, these three methods can all work for improving the
initial model efficiency without any loss of the model capacity.

4 Summary and Discussion

To conclude, in this study we aim to enhance our initial CNN model’s efficiency for the
parameterization of the SGS process and wish to reach a minimum loss of extended forecast
lead time. To realize this purpose, we design an ideal case with BVE model and employ
the SOL method. By containing longer look-ahead-steps into the training process of our
newly-designed three models (CNNhk, SGM and CFS), similar model capacities can be
obtained with computational time reduced by 31.66% to 59.52% separately, with dataset
generated from the simulation of the BVE model. Overall, our work technically provides
some promising approaches for improving DL models’ efficiency when they are applied for
scientific tasks where in-time forecast results are necessarily needed, and through this study,
we expect to further inspire more investigations and explorations.
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According to the experiment results, the CFS is only a little bit worse than SGM, but
it spends obviously less computational time. Initially, this implies the great potential for
making maximum use of information in the key areas, which will significantly reduce the
amount of training data but still keep the model’s capacity. But does this factor negate
the practicality of SGM? Firstly, the initial domain used in this study is small, which
only contains 4096 grids, thus the amount of parameters used for the coarse part of SGM
accordingly accounts for a small proportion in the total amount of parameters of the model,
as a result of which the difference in forecast lead time improvement between SGM and CFS
is not so obvious. But if a larger initial domain is applied, SGM is expected to perform
much better than CFS. Secondly, the insignificant computational time reduction for SGM
is due to the technical reason, where the operation for downscaling the original domain is
needed for every time of integration. This problem can be solved with future development
of computer algorithm, and overall SGM is thought as a more reliable and stable method
than CFS.

Moreover, longer look-ahead-steps are used to keep the refined models’ capacity in this
study, but does it mean that longer look-ahead-steps can be used to improve the model
forecast ability without a limit and thus any compact model all can be used for improving
the initial model efficiency? The autoencoder (AE) models are famous for its compact
architecture and have been widely used for data reconstructions (Y. Wang et al., 2022), so
it is also tested (Figure 4). But because generating a latent vector seemingly will lead to
a great information loss of the input data, the tested AE model performs even worse than
the baseline (CNN8(lossscaled)). When we try to include more look-ahead-steps into the AE
model to improve its forecast ability, it is found that there exists a limit for look-ahead-
steps. When we adding look-ahead-steps from 16 to 32, forecast lead time improvement is
observed. But when we add it up to 64 look-ahead-steps, no obvious enhancement but even
deterioration appears, which implies there exists a maximum number of the look-ahead-
steps for DL models. What’s more, the AE model with 32 and 64 look-ahead-steps is still
worse than the baseline, which further denotes that not all the compact model are suitable
for this learning task.

Another interesting phenomenon observed is that the status of gradient descent cannot
always actually represent the final model capacity. We test various checkpoints saved within
the training process, and it turns out that a latter checkpoint with smaller training and
validation loss sometimes can be worse than a former one. This does not constitute an
overfitting issue as the validation loss continues to decrease, but it should have something
to do with the inconsistency between the pretrained dynamical core and the actual one
when we combine PDEs with DL models. This can be further evidenced by the experiment
facts of a pretrained DL model with only one look-ahead-step, which contains no interaction
between PDEs and DL models, that normal gradient descent is also observed during the
training process but the pretrained model will perform worse than LowRes during online
tests. The PDE is not trained in this experiment but there is nothing wrong with the
gradient descent of the loss function, which implies that the status of the loss function does
not represent the actual state of trained PDEs. Similar problems have also been reported
in previous work (Krishnapriyan et al., 2021; S. Wang et al., 2021; C. Wang et al., 2022),
which indicates that there still exist some unknown mechanism when training PDEs in DL
models. And for the future work, we will continue to explore the design for loss functions or
to find an evaluation standard that can better represent the exact training states for PDEs.
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